In this paper it is shown that almost local connectedness is hereditary for the subspace that is the union of regular open sets and is preserved under almost-open (in the sense of Singal) ^-continuous surjections.
Introduction
Recently, V. J. Mancuso [3] has introduced and investigated the concept of almost locally connected spaces. In [3] , among others, the following theorems have been established:
On almost locally connected spaces 259
shall show in Section 5 that the word "regular open" in Theorem 3.8 of [3] can be replaced by "the union of regular open sets".
Preliminaries
Throughout this paper spaces mean topological spaces on which no separation axioms are assumed unless explicitly stated. Let S be a subset of a space X. The closure of S and the interior of 5 in X are denoted by Cl x (S) and I n t^S ) (or simply Cl (5) and Int(S)), respectively. A subset S is said to be regular open (resp. regular closed) if Int(Cl(5)) = S (resp. Cl(Int(5)) = S). The family of all regular open sets of a space X is denoted by RO(A'). A function/: X -> Y is said to be almost-continuous [12] (resp. 6-continuous [1] , weakly-continuous [2] ) if for each
REMARK 2.1. It is known that continuity => almost-continuity => 6-continuity => weak-continuity and none of these implications is reversible ( [6] , [12] ). DEFINITION 3.1. A space X is said to be almost locally connected (simply a.l.c.) [3] if for each x G X and each G G RO(A") containing x there exists an open connected set V such that x G V C G.
Almost locally connected spaces
We shall begin by giving a characterization of a.l.c. spaces which will be used in the subsequence. PROOF. Let Xbe a nearly-compact a.l.c. space. Since X G ROCX), by Theorem 3.2 the family of components of X is a regular open cover of X. Therefore, X has a finite number of components.
A space X is said to be weakly-Hausdorff [13] if every point of X is the intersection of regular closed sets. 
Thus, the family {C a(j) \a(j) G V 0 (a), « G V o } is a desirable refinement of t V. Conversely, under the condition that X is a weakly-Hausdorff space and the hypothesis holds, we shall show that X is a.l.c. Let x G X and x G G G R O^) . Since X is weakly-Hausdorff, for each y G X -G there exists U y G RO( X) such t h a t j G U y and x £ U y . Then G U {U y \y G X -G) is a regular open cover of X By the hypothesis, it has a refinement {F a | a G V} consisting of a finite number of regular open connected sets. There exists an a 0 G V such that x £ V . If V ao C £/>, for some y €L X -G, then x G U y . This is a contradiction. Therefore, we obtain x G V a C G. This shows that X is a.l.c. G RO(X). Since X is a.l.c, for x G /""\y) there exists an open connected set U of X such that x G U Cf~\G).
Since / is a.o.R., we have f(U) C Int(Cl(/(£/))). Since/is connected,/(I/) is connected and so is Int(Cl(/(£/))).
Moreover, we obtain This shows that Y is a.l.c.
We shall show the main theorem of this paper which is an improvement of Theorem A and Theorem B. For this purpose we need some lemmas. DEFINITION PROOF. This is an immediate consequence of Theorem 4.6. REMARK 4.8. The previous corollary shows that the hypothesis "connected" on / in Theorems A and B and also "almost-regular" on Y in Theorem A can be removed.
A function / : X -> Y is said to be almost-open (simply a.o.S.) [12] if for each U E RO(X) f(U) is open in Y.
In this paper, for simplicity, we call the set X with the topology having RO( X) as a basis the semi-regularization, denoted by X s , of a space X. PROOF. Necessity. Let X be a.l.c. The identity function i x : X -* X s is a.o.S. and continuous. Thus, by Corollary 4.7 X s is a.l.c. and it is locally connected by Proposition 3.3 of [3] .
Sufficiency. Let X s be locally connected. 
